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Valence electron rules are proposed for the stability and in-
stability of three- and four-membered atomic rings of high-row
representative elements in the singlet states. Regular polygons
with 4N þ 2 and 8N þ 6 valence electrons are the ground states
of three- and four-membered rings, respectively. The rules are
not necessarily applicable out of the range of the number of va-
lence electrons (Nve): 4m � Nve � 6m for the groups 14–16 and
3mþ ½1� ð�1Þm�=2 � Nve � 6m for the group 13 where m is
the number of the ring members.

There are some rules related to the number of electrons in
chemistry.1 Here we theoretically proposed simple rules for
the atomic rings where each atom of rings is not bonded to
any exocyclic entities but only to the neighboring atoms on both
sides.

The basis set atomic p orbitals are classified into radial (p�),
tangential (p�), and perpendicular (p�) orbitals (Figure 1). The
array of the p� orbitals in the three-membered ring is of the
Möbius conjugation, while the others are of the Hückel conjuga-
tion.2 The patterns of the energy levels in the Hückel and Möbius
conjugations are well known (Figure 2). The qualitative energy
level diagrams (Figure 3) show the number of valence electrons
necessary to give closed-shell electronic structures. Suppose that
each orbital in the s-orbital set is occupied by a pair of electrons
since the s-orbital energies are low and separate from the p-orbi-
tal ones especially for heavy atoms: nðsÞ ¼ 6 for the three-mem-
bered rings and nðsÞ ¼ 8 for the four-membered rings. The
Hückel and Möbius conjugations require 4nþ 2 and 4n elec-
trons for the closed-shell structures, respectively: nðp�Þ ¼ 4r þ
2 and nðp�Þ ¼ 4pþ 2 for the three- and four-membered rings;
nðp�Þ ¼ 4t and nðp�Þ ¼ 4t þ 2 for the three- and four-membered
rings, respectively. The total numbers of the valence electrons,
Nve ¼ nðsÞ þ nðp�Þ þ nðp�Þ þ nðp�Þ, for the closed-shell struc-
tures are 4ðr þ t þ pþ 2Þ þ 2 and 4ðr þ t þ pþ 3Þ þ 2 for the
three- and four-membered rings, respectively. The ground states
of atomic rings with 4N þ 2 valence electrons are of regular
polygons, whereas those with 4N valence electrons are not.

A correction is necessary for the 4N þ 2 rule for the four-
membered rings, where both p� and p� orbitals are of the Hückel
conjugations. The orbitals in one set have almost the same ener-
gies as the corresponding orbitals in the other set. The orbitals
occupied by 9–12th and 16–22th electrons are almost degener-
ate. Regular polygons are not of closed-shell structures even if
the number of valence electrons is 10 or 18. As a result,
8N þ 6 valence electrons allow regular polygons to be the
ground states whereas 8N þ 2 valence electrons do not.

There is an inapplicable range of 4N þ 2 and 8N þ 6 va-
lence electron rules. For the minimum number of electrons to
satisfy the octet rule, as many valence electrons as possible are

shared by bonded atoms. An atom shares four electrons with
each of adjacent atoms (maximum unsaturation in Figure 4a).
The lower limit is 4m for the m-membered rings. For the maxi-
mum number of electrons, a pair of electrons are shared by the
bonded atoms while the remaining are lone pairs (full saturation
in Figure 4b). The upper limit is 6m. For the group 13, a smaller
number of valence electrons may be allowed for the lower limit.
Monomeric BH3 suggests the ‘‘sextet’’ rule might be applicable.
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Figure 1. Basis set orbitals: s orbitals, radial (p�), tangential
(p�), and perpendicular (p�) p orbitals.
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Figure 2. Orbital energy level of the three- and four-membered
rings.
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Figure 3. Qualitative energy level diagram.
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Figure 4. Lower and upper limits of valence electron number
for the ring structures.

934 Chemistry Letters Vol.33, No.7 (2004)

Copyright � 2004 The Chemical Society of Japan



Maximum unsaturation is illustrated in Figure 4c. So the lower
limits are 10 and 12 for the three- and four-membered rings, re-
ceptively (3mþ ½1� ð�1Þm�=2 in a general formula). As a re-
sult, the octet (sextet) rule suggests that the 4N þ 2 and
8N þ 6 valence electron rules can not be necessarily applicable
out of the range: 4m � Nve � 6m for the groups 14–16 and 3mþ
½1� ð�1Þm�=2 � Nve � 6m for the group 13.

The valence electron rules were supported by ab initio cal-
culations (Tables 1 and 2). There are no exceptions in the 4N va-
lence electron rule, and only three exceptional three-membered
rings (Si3

2þ, Ge3
2þ, and S3) in the 4N þ 2 valence electron rule.

Si3
2þ and Ge3

2þ (10e) are out of the applicable range. For S3
(18e), the lone pairs repulsion may destabilize the ring. In the
Se3 ring, the lone pair repulsion is weaker because of the smaller
overlap.

The 8N þ 2 and 8N þ 6 rules were perfectly substantiated
by the calculated four-memebered species (Table 2). The present
valence electron rules are also expected to be applicable to the
species containing even higher-row elements (In4

2�, Te4
2þ).3,4

In summary, we proposed and demonstrated rules for the
stability of three- and four-membered atomic rings of high-row
representative elements in the singlet states. (1) 4N valence elec-
trons do not allow regular polygons as the ground states for both
three- and four-membered rings; (2) regular polygons with 4N þ
2 valence electrons in the singlet states are the ground states for
the three-membered rings; (3) 8N þ 2 valence electrons do not

allow regular polygons as singlet ground states for four-mem-
bered rings; (4) regular polygons with 8N þ 6 valence electrons
are the ground states for four-memebred rings; (5) the 4N þ 2
and 8N þ 6 valence electron rules are not necessarily applicable
out of the range: 4m � Nve � 6m for the groups 14–16 and 3mþ
½1� ð�1Þm�=2 � Nve � 6m for the group 13.
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Table 1. The ground state geometries of the three-membered ringsa

Number of Valence Electrons

4N þ 2 4N

10 14 18 8 12 16 20
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2� (D3h) S3 (C2v)

e Al3
þ (D1h) Si3 (C2v) P3

� (D1h) S3
2� (C2v)

Ga3
� (D3h)

c Ge3
2� (D3h) Se3 (D3h)

e,f Ga3
þ (D1h) Ge3 (C2v) As3

� (D1h) Se3
2� (C2v)

Si3
2þ (D1h) P3

þ (D3h)
d S3

2þ (C2v)

Ge3
2þ (D1h) As3

þ (D3h) Se3
2þ (C2v)

aCalcualted at the UB3LYP/6-31+G(d) level. bSlight distortion from the D3h symmetry of the RB3LYP/6-31+G(d) structure is considered as
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Table 2. The ground state geometries of the four-membered ringsa

Number of valence electrons

4N þ 2 4N

8N þ 2 8N þ 6
12 16 20 24

10 18 26 14 22

Al4
2þ (D1h)

b Si4
2� (D2d)

c S4
2� (C2) Si4

2þ (D4h) P4
2� (D4h)

g Al4 (C2h) Si4 (D2h) P4 (Td) S4 (D2d)

Ga4
2þ (D1h) Ge4

2� (D2d) Se4
2� (C2) Ge4

2þ (D4h) As4
2� (D4h)

g,h Ga4 (C2h) Ge4 (D2h) As4 (Td) Se4 (D2d)

P4
2þ (D2d) Al4

2� (D4h)
d,e S4

2þ (D4h)
i,j

As4
2þ (D2d) Ga4

2� (D4h)
d,f Se4

2þ (D4h)
k,l
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